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Cantor dynamics of
renormalizable groups

A group G is said to be finitely non-co-Hopfian, or
renormalizable, if there exists a proper self-embedding of G
into itself whose image has finite index. Such a proper self-
embedding is called a renormalization for G. In this work, we
assign a dynamical system to a renormalization of G. The
discriminant invariant D of the associated Cantor dynamical
system is a profinite group. The discriminant is a measure of
the asymmetries of the dynamical system. If D is a finite
group for some renormalization, we show that G/N is
nilpotent, where N is the kernel of the action map. We also
introduce the notion of a renormalizable Cantor action, and
prove that the renormalization property of a Cantor action is
an invariant of continuous orbit equivalence. Moreover, the
discriminant invariant of a renormalizable Cantor action is an
invariant of continuous orbit equivalence. The action
associated to a renormalizable group is itself renormalizable.
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